To k6oTog Bacprig J

To kéotog Bapng

20vTopn neplypagn tng dpaoctnpiétntag

Ta kéotog Bagr|g eival ia dpaotnpidmra uéow g oroiag ot LabnTég Ba e ioouV T CUMKETABON U0
avTIoTEOPWS AVOASYWY TTOCWV.

2T0Ug HaBnTég Ba dobel va MPARANIA, To oevdplo Tou ortoiou TipoRASTEL 6TL N apolBr yia Ja epyacia eAalo-
XPwuaTIopoU evog Xwpou eival ipokaBoplopévn. Autd onuaivel 6T, aveEdpmra and Tov aptBud X TwV wpwv
gpyaotag, To ywopevo x i (y n wptaia apolBn) mapapéver otabepd, ENOEVWG 1 YPAPIKY TIARACTAON TNG OXETNS

TIoU Ta oUVOEEL elval vag kKAAd0G UNePPONG e aoUITTwTeS Toug dEoveg XX Kat Yy kat eEiowon y = E. H
X

YPUQPIKA TIAPACTAON KAl O TTVOKAG TV Ba eMTpEPouV 0Toug HaBNTES va yvwploouv SIapopETIKOUG TEOTIOUG

avanapdoTaonq Twv IBIOTATWV [LaG MEPITTG CUVEPMONG.

To ripdépAnua replopilel T YeAET TG urtepBONG UGV Oe BETIKEG TIIES YA TO X, ONETE OTO TEAOG Ol aBNTéQ
a

Ba kAnBouv va eAeTrioouv T ouvdpmon y = % OXL TAEOV WG TO MABNUATIKG LIOVTEAO TOU OUYKEKPUUEVOU

TipopAuaTog MG we cuvdptnon.

‘Evta&n dpaotnpiétntag oto avadutiké npoypappa
e  T&&n: A AYKEIOY.
¢ [vwotikd avTikeluevo: ZuvapmoelC.

o Adaktiki evomra: Map. 2.5 (n ouvdpmon f(x) =1).
X

Epyafeia AoyloHIKOU:

Function probe.

EKTIpWHEVOG Xpovog didbaokaidiag
2 JIOOKTIKEG WPES.

A1dakTtikoi otoxol

1. Na pdBouv ol pabrtég 6t ta avtioTedpwg avaloya moad divouv YPAPIKES MAPAoTACELS OL OToieg lval
UrePBOAEG e aoUUITTWTEG TOUG G&oveg XX Kat Y.

Na mipooeyyioouv mv éwola g repirt g ouvdpTnong.
Na aroKTroouV [ EKGVA TWV EWOLKV «OPLAVTIA AOUUITIWTT» KL «KATAKGPUPN AOUMITIOTT.

56 £74




dundo epyaciac yia to gadntn

To kdoTos Baepris J

‘Ortav évag Texvimg avahapBdvel pia epyaoia, Téte undpxouv dUo TpdMoL aporig Tou: va TN
pwBel e éva moad yla To GUVOAIKO KOOTOG NG epyaciag Tou (aveEapTnTa Twv wpwv ou Ba
epyaotel) 1) va minpwBel avdloya e TI§ wpeg epyaciag Tou.

"Evag texvitg yia ™ Bagr) evog xwpou A Intd 500 eupw yia To oUVoAo TNG epyaciag Tou.
Mpoteivouv WG OTov TEXVITN KAl ia GMn epyacia B, e auoifr) 2600 eupw, aAAd 0 TeXVITNG
yvwpiCel 611 yia T deltepn gpyaoia anartolvral Téoeq WPeG epyactiag, 60eqg To TETPAYWVO
TWV WPWV TIOU anarrodval yia v mpw). Mota and Tig dUo epyaoieg Ba npoteivate va avahd-
Bel o Texvitng e dedopévo 6Tt dev unopei va avahdpet kat Tiq SUo kat 6ti, 6tav Ba TeEAelwoEL
™V epyaocia Tou, 6a avahapBAavel UEowS LETA OOLEG EPYATIES;

1 av y elval n apoiPr] Tou Texvi ava kpa Kat X oL ArATOULEVES WPES, TIOLA OXEOT CUVOEEL
Ta TO0d X KAl y 0TV gpyacia A kat rmola otny epyacia B;

2 Ka\é Ba givat TWPA, TIOU EXOULE EKPPATEL LIE MABNUATIKEG OXETELS TOUG TPATIOUG QUOLBG
TOU TeXVITN Y1 TIG epyaoieq A kal B, va UEAETI|O0UE TIG OXETEIG QUTEG MPWTA e ToV Til-
VAKQ TIWV. AV 1) TTIPWTT OTAN TIEPLEXEL TIG TYUES TG METARANTIG X, e TL TIUES Ba yepioou-
ME T OAN auTr; 2 CUVEXELQ, [e TN BoriBela TG TIPWTNG OTANG, 6a TPETEL va CUITAN-
PWOOULE TIG OTHAEQ Yla TV gpyacia A kal v epyacia B.

3 Mo oupnepdopata UrnopouUpe va BYAAOUE TIAPAMPEWVTAG TIG TPEIG OTHAEG TOU TTivaka
TIMWV; YIdpxel kamola EvOelEn yla To mola epyacia Ba mpénel va emAEEEL,

4 Ag peNETO0OULE TWPA KAl YPAPIKA TIG dUO £pyadieq anmooTeAoVTAG Ta ey TIWV (X, Y)
yla v epyacia A kat (x, z) yia v epyacia B, otoug a&oveg tou mivaka “Tpdenua’, kat
evwvovTag Ta onueia. Mrmopeite va avayvwpioete v dla €vdelln, yia o mola epyacia
OUMQEPEL, TIOU eixare arnd mv mEONYOoUEVN EQWTNOT KAl 0T YPAPIKY| AMEIKOVION TWV OT)-
pelwv; TeAkd, ola and Tig dUo epyaoieq CUPPEPEL va avahdBel o TexVITG;

5 Ag eEeTdooupEe Twpa TN oxEom yla v gpyaoia A and kabapd pabnuatikn droyn. Autd 6a
MropoUoe va yivel av ot OTHAN TWV TV TG LETABANTAG X CUMIMANPWOOULE KAl TIG QvTi-
BeTeq TIUES Twv RON unapXouowv. Mg SIAUOPPUVOVTAL TWPEA OL TIEG OTN OTHAN TG |e-
TaBANMQ y; Av ) ox€on aut) T Bewpouoape wg ouvapmon f(x), mola eivat n oxéon mg
pe v f(—x);

6 Av anooteloupe Ta véa elyn mou dnuoupyrBnkav arnd TiG apVITIKEG TYIES YA TO X OTOUG
aoveg, mola axgaon Ba €xouv e Ta Rdn undpyovta onueia; Mwg dikatoAoyeltat auti n
oxéon;

7 1o AOYIOUIKS ExeL TN SUVATGTITTA VA KATAOKEUAOEL TN YPAPIKY) MApdoTaom TG ouvaptnong
f(x). Mota eivat ) B€on ™Q YPAPIKAQ MApAcTaoNG WG MPOQ Toug AEoveg; Av KAOLOG UTto-
ompi&el ot n ypagwn apdotacn Ba kdPel Toug duo AEoveq oe onpeia Ta omola de Pai-
vovtal otnv 084w, Tt 6a Tou anavtouoare;




To k6oTog Bacprig J

00nyieg yia Tov EKMaIGEUTIKO

Ot uabnréq Ba rpénet va yvwpilouv 6T N YeapIkA mapdoTaor Jag ouvdpTnong eival éva oUvolo oneiwy, Twv
oroiwv oL ouvteTayEveg enainBedouv T oxgon y = f(x). Kakd Ba eival va ermonuaviel and to diddokovta ot
MEXPL OTLYLNG BUO eival Ot LOPPES OUVAPTATEWV TIG OTOIEG EXOUV PEAETHOEL OL IaBNTEG: 1) Y = ax + B (eubeia)
kan y = ax? + Bx + v (apaBohr).

l.o JIBAcKwWY, TNV APy G SPAcMEIETITAG, CUZNTA UE TOUS ABNTES Yia TOUG TPGToUG TANPWHAG
evdg texvim. OL dUo Tpdrol elvat: d) pe v wpa, B) e arokort), SnAadr| e KABoPIoUO TG GUVONKNG
QuoIRrG yia OAn v epyacia. Ak, oudnTd yia To wpdplo epyaciag evég Peaou epyalduevou. Autd
elval onpavTiko yia m ouvexela e dpactneidmrag, apou oL abnTeg Ba rpénel va dlakpivouv Tept-
TIIWOELS YIQ TIG WPES EQYATiag evag Texvim.

I + SV epwmon 1, ot Labnég Ba mEENel apxKA va ONUEdTOLY TIS OXETELG y [ = 500 katy B = 2600,

. , , 500 2600
arnd T onoieg 6a KAaTaAEOUV OTIGY = —— KAl Yy = o
X X

1] + 2NV EQWNON 2, KaTapxryv, Ba Ttpémet va yivel diarpayudreuaon yia To TAB0G Kat To eUPOG TWV TV,
e OEBOLEVO GTL TPOKEITAL VIO WPES EPYATIAG.
H mpwym omAn Ba ouprminpwBel e m BoriBeia g eviolg “TEopa” and to pevou “Mivakag”.

MNépopa
Ol p(xGr]Tég OVO}J(’XZOUV TI] }JE- Tépopo: Koreduvon yepiopotoc:
, L, L, M Kdfs KoTaywpnon B i n
P4 T(XBNT”] Tl"]g TI'p(DTl']g O'Tf])\l’]g * pdim TPONYOUUEWT) KOTOXWPNon
X Ko e Tnv evroNy “Tépiopa” = ow
. , , - . " peiov
o1r6 10 pevov “lMivakag” ov- | amd 1 (opxKi] Tpri) © eni
L, , L, £g 10 (TEAIKK TIP) i
HTTANPA@VOLY TN OTIHAN (EIKG- “
il Il].5
va 1). e Tah o |
Lok | [akupo |
Ewdva 1.
] [
X y=5007x% | z=2600/(x"2)
hpeg eupw/hpa eupw/dpa
' 1 00 2600
. . - ’ 4 1.5 333.33 1145556
< H &eUtepn ko ) TpiTn 0Ti{AN B oupTTANPWBOLY pe Tr) PoriBeict 2 950 B&D
1 4 : 7 2.5 200 416
TGV TUTTWV TTOV GVTIOTOIXOLV OTNV EPYOOIX Aka 0TIV EPYOOIT 3 166.67 288 .89
B (eIkéva 2). 34| 14286 212.24
4 125 162.4
4.5 111.11 128.4
] 100 104
5.4 90.91 85.95
G 83.33 72.22
6.5 TE.92 f1.54
7 T71.432 53.06
7.5 BE.BT 46.22
a 2.4 40.63
8.5 58.82 35.949
q 65.56 321
9.5 52.63 28.81
10 a0 26
Ewdva 2.




To k6oTog Bacprig J

IV. MV epwmon 3, oL LabNTég Ba apamErjoouV TIC OTHAEG TOU TTivaKA TIWY Kat Ba JAroTwoouy Ott;

av o Texvimg epyddetal iydtepo and 5,5 wpeg v NuéPa, Ba TPEMeL va POTINoEL Ty epyacia B, av
epydletal eploodtepo and 5,5 wpeg v NUEPA, TETE Ba TIPEMEL va TPOTUNoEL TV epyacia A.

ESw kahd Ba eivar va yivel oulrmon otnv Tagn yla Ty avaykn va yivel avaywyr) e auolprig Tou
TEXVITN Yia kdBe wpa epyaoiag, Wote va urdpxel éva Koo PETPO aUyKeLonGg Twv epyactav A kat B.

V. 2V £pWmO 4, oL HabnTég karapyv Ba erAeEouv, LeTA amnd dlarnpayudreuo), KATAAANAN KNk,

TpExourw Khipoke:

= maxy
TEXVITNG hd [500

EmoyEg emmédun:

 Kopreoiowd enimedo
" Moo swiimedo
Aoy, KAPOKEG

KoA6 Bax eivon, karé T emidoyr] Tng KAjpo-
kag, Ta Sioompama v aToug d0o Goveg

min ¥ I max X

VOt €XOLV (00K KN (OOTE TO KOPTEOIOVO ETTi-
Ted0 Vo EVO XWPIOPEVO O€ TETPEYWVO.

miny

L hapei | ]
Lok |
H KNHGKQ Sﬂl}\éYSTGl “éow me evro}\r']q “A)\}\ayr'] L mwopo | imdoTaan TAfyparog x: anéoraon madynetogy:
KA[UaKkag” ard To pevou “Tpdenua’ (Exdva 3). I
Eikéva 3.

140

H eruhoyr| katdNAnAnG KAiuakag eivat i dladikaoia Ty oroia epapudlouy ouvBwG UNXAVIKA oL abrn-
TEG, GTaV YA TIAPAdELYA BENOUV VOl GUOKETIOOUV XPOVO |E XPNIUCTA KAl TA XPNICTIKA TIOOA QvEPXOVTaL
o€ ekatoupUpla. To Aoylouikd divel T duvardtrra ouveldntd MAEov o aBNTNAG va eTAEYEL TV KaTdh-
ANAN KNUOKOL WOTE VAl ITOpE( VAL IETAPEPEL TIG IETPIOELS TOU O &va XWPO TOV Oroio WIopel va eENEyXeL
KkoAJTEQAL

|
| \
. p P Ovopn Iul.lﬂlﬂr'l
Mpiv aTeidovv of poBNTES Tar Uy TIHGY i
< 2 . , Moo Icupd: —
< 0T0UG GEOVES, KOG Bt £V VO OVOpGooUY T g
2 MeraBanTi [ 2
TIG HETOPANTES. =
g
H diodikaoio ouTh yiveton péow g evro- g
g “MeTofAnTé” o6 To pevol “Tpdipn-
]J(X” (EIKév(X 4). _ Kpovog (pec)
m— | Ovop prﬂwg
. Movdou [pec
VIVE
MeTaBanm Ix
Ewdva 4.

> ouvéxela, Ba amootehouv Ta onpeia arnd Tov Tivaka TIWY OTO YPAPNUA ECW TNG EVIONG “Znueia
oe ypdenua” arnd To pevol “ArooTol”.
> ouvéxela, Ba ouvdéoouv Ta onpeia PEow TG evioNig “ZUvdeon onpeiwv” and to pevol “Tpden-

pa’.
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To k6oTog Bacprig J

01 3uo YpapIkég MapaoTdoels emBeBalivouy Ta CUMNeEPAoaTa oTa oroia efxav PTdoel oL uabnTég
MEOW NG MEAETNG TOU TIiVOKA TGV (ElKSva 5).

450

400

380

320

280

200

180

120

Ewdva 5.

500
Vl‘ >Tq epwtrioelg 5 Kat 6, oL LabnTég ouolaoTikd Ba peAeTrioouv T ouvdptnon Y = —~ o ouvoho

R—{0}. Kertapyrjv, ot pabnrég Ba mpérel va SIaroTtwoouv 6T, Qv OUIMANPWOOUV OTIG 113N UMAPXOUCES
BETIKEQ TYIEQ V1A TO X KOl TIG QvTIBETEG TOUG, TATE B TIPOKUYOUV OTOV THiVAKA QVTIBETEG TYIEG YIATO Y.
Av Twpa Ta onpiela anootalolv oTo YPAPna, Ta véa onueia 8a eupavioTolv CUULETPIKA e Ta N
undpxovta (ekéva 6). Ot uabnTég Exouv TAEOV TN SuVATATITA va SIATUMWOO0UV T BOCIKY| IS8T Ta TV
eItV ouvapm|oswv f(-x) = —f(x).

9,

(xy) = {(1,500)..3 [ L
g —x

LA e bLiE @ m om e s @ o -
o
&
o
3

Ekova 6.

Vl 1, 2TV EPWTNON 7, ot LaBnég Ba kabapioouv TO XWPOo EPYACIAg and Ta ONUEC TwV TIPONYOUUEVIV EpW-
mMudtwv kat uéow ™G evioAig “Néog TUmog” amd To pevou “Tpdenua’ KaTaokeUdZouy T YPAPIKY|

, , 500
rapdoTaon TG owdemang Y = = —.
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To k6oTog Bacprig J

Me Bdon T YpapIkr TapdoTaon aAAA Kat TV IBGTNTa Twv KAAoATWY va ENATTAVETAL 1) TYUr Toug 600
QUEAVETAL O TIAPOVOLAOTYG, OL LaBNTES Ba ipooeyyioouv v éwola ™G 0pIlOVTIOS AOUMITTWTNG Yia
Tov &Eova Xx. H ididmra va auEdvetat n Tiur| Tou kKhdoparog (e BeTikoug 6poug) dtav EAATTWVETAL O
TIAPOVOUAOTHAG, OE OUVAUACHO e TN YPAPIKA TapdoTaor), Ba odnyrioeL TOUG abnTég oty éwola g
KATAKOPUPNG QOUMITIWTNG Yia Tov dEova Y.

T ik

450,

400

380,

300!

250,

200

150;

100;

50

o9 4 7 6 5 4 3 - 1 3 4 5 & 7 8 % 0
50!

10

-150

-200

250

~300

350

-0

Ewdva7.
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L

durdno alodoynonc

To k6oTog Bacprig J

Aivovtar ol ouvapmoelg f(x) = % KaL g(x) = ; -1.

Epwtnon In (7 povddecg)

Na KaTAoKEUAOETE TIG YPAPIKEG TIOPAOTATELS TwV CUVAPTHOEWY OTO (B10 oUotnua a&dvwv e T BoriBela
Tou Aoylopkou. Eivar ot 8Uo ouvaptrioelg mepittég; Na dikatohoyrjoete Ty andvinor| oag Je Bdon Tig

YPQPIKEG MOPACTAOES:

Epwtnon 2n (6 povddeg)

"Exouv aoUumwteg ot dUo YPapIkég mapaotdoels; Méow g evioArig “AMayr] kKMuakag”, va eTIAEEETE
KATAMNAN andotaom TAEYUATOG VIO TO X KALTO Y (OOTE VA eival UPAVE(G Ol ACUITIWTEG,

Epwtnon 3n (7 povdbecg)

Me Bdon v andvmor oag omv epwtnon B), va eEeTdoeTe av n eElowon % = ; —1 éxel \don.
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To k6oTog Bacprig J

Anavtnoeic oto ¢uidno aiodéynong

E;) Ouypagikég napactacelg dev EX0UV KEVTPO CUUKETPIOG TNV apxr) Twv aE6vwv, dpa ot ouvapTroelg dev
elval eprtTég.

Lo o oo @ ou @ w E

E;) Avem\éEoupe andotaon mAéyuarog 1 A kdnola unodiaipeon, . 0,5, 0,2, Téte Ba eival mpogaveiq ol
COUMITIWTES TWV YPAPIKWV TIAQACTACEV.

E;) OuaoUurmuteg ™G oG YPaPIkrig rapdataong eivat apdAANAES pog TG QoUMITTWTeG TG ANANG, dpa ot
YPAPIKES TapacTdcelg dev TépvovTal Autd onpaivel &tin eElowon f(x) = g(x) Sev €xel Adom.
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